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≈”¥—∫·≈–Õπÿ°√¡
1. ≈”¥—∫

∫∑π‘¬“¡ ≈”¥—∫  §◊Õ  øíß°å™—π∑’Ë¡’‚¥‡¡π‡ªìπ‡´µ¢Õß®”π«π‡µÁ¡∫«°

• ≈”¥—∫∑’Ë¡’‚¥‡¡π‡ªìπ‡´µ¢Õß®”π«π‡µÁ¡∫«° n ®”π«π·√° §◊Õ ç≈”¥—∫®”°—¥é

• ≈”¥—∫∑’Ë¡’‚¥‡¡π‡ªìπ‡´µ¢Õß®”π«π‡µÁ¡∫«° §◊Õ ç≈”¥—∫Õπ—πµåé

®“°∫∑π‘¬“¡®–‰¥â

f(1),  f(2),  f(3),  ...,  f(n) ‡ªìπ≈”¥—∫®”°—¥

f(1),  f(2),  f(3),  ...,  f(n), ... ‡ªìπ≈”¥—∫Õπ—πµå

f(1) §◊Õ æ®πå·√°¢Õß≈”¥—∫ ‡¢’¬π·∑π¥â«¬ a1

f(2) §◊Õ æ®πå∑’Ë 2  ¢Õß≈”¥—∫ ‡¢’¬π·∑π¥â«¬ a2

f(3) §◊Õ æ®πå∑’Ë 3  ¢Õß≈”¥—∫ ‡¢’¬π·∑π¥â«¬ a3

f(n) §◊Õ æ®πå∑’Ë n  ¢Õß≈”¥—∫ ‡¢’¬π·∑π¥â«¬ an

π—Ëπ§◊Õ a1, a2, a3, ..., an ‡ªìπ≈”¥—∫®”°—¥

·≈– a1, a2, a3, ..., an , ... ‡ªìπ≈”¥—∫Õπ—πµå

°“√‡¢’¬π≈”¥—∫πÕ°®“°®–‡¢’¬π‚¥¬°“√·®ßæ®πå·≈â«Õ“®®–‡¢’¬π‡©æ“–æ®πå∑’Ë n À√◊Õ

æ®πå∑—Ë«‰ªæ√âÕ¡∑—Èß√–∫ÿ ¡“™‘°„π‚¥‡¡π

µ—«Õ¬à“ß‡™àπ  ≈”¥—∫ an = 2n + 3 ‡¡◊ËÕ  n = 1, 2, 3, ..., 10

an = 2n ‡¡◊ËÕ  n = 1, 2, 3, ...

„π°√≥’∑’Ë°”Àπ¥≈”¥—∫‚¥¬æ®πå∑’Ë n À√◊Õæ®πå∑—Ë«‰ª ∂â“‰¡à‰¥â√–∫ÿ ¡“™‘°„π‚¥‡¡π „Àâ

∂◊Õ«à“≈”¥—∫π—Èπ‡ªìπ≈”¥—∫Õπ—πµå
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µ—«Õ¬à“ß∑’Ë 1 ®ß‡¢’¬π 4 æ®πå·√°¢Õß≈”¥—∫  an = 1 - 
  

1
10n

«‘∏’∑”   Q an = 1 - 
  

1
10n

∴ a1 = 1 - 
  

1
10 =

  

9
10

a2 = 1 - 
  

1
210

=
  

99
010

a3 = 1 - 
  

1
310 =

  

999
0 01, 0

a4 = 1 - 
  

1
410 =

  

9,
1 , 0

999
0 0 0

∴  4 æ®πå·√°¢Õß≈”¥—∫π’È §◊Õ  
  

9
10 , 

  

99
010 , 

  

999
0 01, 0 , 

  

9,
1 , 0

999
0 0 0

µ—«Õ¬à“ß∑’Ë 2 ®ßÀ“æ®πå∑—Ë«‰ª¢Õß≈”¥—∫®”°—¥ 1, 3, 9, 27
«‘∏’∑”   Q a1 = 1 = 30 = 31-1

a2 = 3 =  31 = 32-1

a3 = 9 = 32  = 33-1

a4 = 27 = 33  = 34-1

∴ an = 3n-1

1. ®ß‡¢’¬π 4 æ®πå·√° ¢Õß≈”¥—∫µàÕ‰ªπ’È
1) an = n

______________________________________________________________

2) an = 
  

1
n

______________________________________________________________
3) an = n + 1

______________________________________________________________
4) an = 2n + 1

______________________________________________________________
5) an = 2n

______________________________________________________________

· ∫ ∫ Ωñ ° À— ¥ ∑’Ë  1
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6) an = 5n-1

______________________________________________________________
7) an = 2 × 3-n

______________________________________________________________

8) an = 
  

n
n  + 1

______________________________________________________________

9) an = 
  

n
5n-1

______________________________________________________________
10) an = n(n + 1)

______________________________________________________________
11) an = (-1)n+1

______________________________________________________________

12) an = 1 - 
  

1
10n

______________________________________________________________

  

1
n ‡¡◊ËÕ n ‡ªìπ®”π«π‡µÁ¡§’Ë∫«°

13) an  =
2 ‡¡◊ËÕ n ‡ªìπ®”π«π‡µÁ¡§Ÿà∫«°

______________________________________________________________

14) an =  
  

(-1)n-1

n5
______________________________________________________________

15) an = sin 
  

n¶
2

______________________________________________________________

2. ®ß‡¢’¬π≈”¥—∫®“°øíß°å™—πµàÕ‰ªπ’È

1) {(x, y) | y = 5x, x ∈ I+}
______________________________________________________________

2) {(x, y) | y = (
  

2
3 )x, x ∈ I+}

______________________________________________________________

3) {(x, y) | y = cos 
  

x¶
2  , x ∈ I+}

______________________________________________________________
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4) {(x, y) | y =  1 + 
  

1
x , x ∈ I+ ·≈–  x ≤ 20}

______________________________________________________________

5) {(x, y) | y = (- 
  

1
10 )x, x ∈ I+}

______________________________________________________________

6) {(x, y) | y = 3x - 1, x ∈ I+ ·≈– x ≤ 25}
______________________________________________________________

3. ®ßÀ“æ®πå∑—Ë«‰ª¢Õß≈”¥—∫

1) 1, 3, 5, 7, ...
______________________________________________________________

2) 1, 4, 9, 16, ...
______________________________________________________________

3) 1, 3, 7, 15, ...
______________________________________________________________

4) 1, 
  

1
5 , 

  

1
25 , 

  

1
125 , ...

______________________________________________________________

5) 2, 2
  

1
2 ,  3

  

1
3 ,  4

  

1
4 , ...

______________________________________________________________

6) 1, 
  

1
3 ,  

  

1
9,  

  

1
27 , ...

______________________________________________________________

7)
  

1
2 , 

  

2
3 , 

  

3
4 , 

  

4
5 , ...

______________________________________________________________

8)
  

9
10 , 

  

99
010 , 

  

999
0 01, 0 , 

  

9,
1 , 0

999
0 0 0 , ...

______________________________________________________________

9)
  

1
2 , 

  

1
6, 

  

1
12 , 

  

1
20 , ...

______________________________________________________________

10) 1, 
  

2
3 , 

  

3
9, 

  

4
27 , ...

______________________________________________________________
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11) 1 ⋅ 2, 2 ⋅ 3, 3 ⋅ 4, ...
______________________________________________________________

12) 1, 
  

2
5 , 

  

3
25 , 

  

4
125 , ...

______________________________________________________________

2. ≈”¥—∫‡≈¢§≥‘µ

∫∑π‘¬“¡ ≈”¥—∫‡≈¢§≥‘µ §◊Õ ≈”¥—∫∑’Ëº≈µà“ß´÷Ëß‰¥â®“°æ®πå∑’Ë n + 1 ≈∫¥â«¬
æ®πå∑’Ë n ¡’§à“§ßµ—« ·≈–‡√’¬°§à“§ßµ—«π’È«à“ çº≈µà“ß√à«¡é ‡¢’¬π·∑π¥â«¬ d

®“°∫∑π‘¬“¡®–‰¥â d = an+1 - an

π—Ëπ§◊Õ an+1 = an + d  ‡¡◊ËÕ n ∈ I+

√Ÿª∑—Ë«‰ª¢Õß≈”¥—∫‡≈¢§≥‘µ

°”Àπ¥ a1 ‡ªìπæ®πå·√°¢Õß≈”¥—∫
d ‡ªìπº≈µà“ß√à«¡

¥—ßπ—Èπ √Ÿª∑—Ë«‰ª¢Õß≈”¥—∫‡≈¢§≥‘µ §◊Õ

a1, a1 + d, a1 + 2d, a1 + 3d, ..., a1 + (n -1)d

æ®πå∑—Ë«‰ª¢Õß≈”¥—∫‡≈¢§≥‘µ

®“°√Ÿª∑—Ë«‰ª®–‰¥â a1 = a1 + 0.d = a1 + (1 - 1)d

a2 = a1 + d = a1 + (2 - 1)d

a3 = a1 + 2d = a1 + (3 - 1)d

a4 = a1 + 3d = a1 + (4 - 1)d
.
.
.

∴   an = a1 + (n - 1)d

         π—Ëπ§◊Õ   an =  a1 + (n - 1)d
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®–‡ÀÁπ«à“ ∂â“ d = 0 ®–‰¥â an = a1 π—Ëπ§◊Õ∑ÿ°æ®πå¢Õß≈”¥—∫®–¡’§à“‡∑à“°—π ‡√’¬°
≈”¥—∫π’È«à“ ç≈”¥—∫§ßµ—«é

µ—«Õ¬à“ß∑’Ë 1 ®ßÀ“æ®πå∑’Ë 30 ¢Õß≈”¥—∫‡≈¢§≥‘µ 1, 4, 7, ...

«‘∏’∑”   Q   a1 =  1,  d  =  3,  n  =  30

  Q an =  a1 + (n - 1)d

∴ a30 =  a1 + 29d

=  1 + 29(3)

=  88

∴  æ®πå∑’Ë 30 ¢Õß≈”¥—∫π’È§◊Õ 88

µ—«Õ¬à“ß∑’Ë 2 ≈”¥—∫‡≈¢§≥‘µ  5, 9, 13, ..., 101 ¡’°’Ëæ®πå

«‘∏’∑” „Àâ≈”¥—∫π’È¡’ n æ®πå

  Q    a1 = 5,  d  =  4,  an  =  101

  Q an = a1 + (n - 1)d

101 = 5 + (n - 1) (4)

101 = 4n + 1

4n = 100

∴  n = 25

∴    ≈”¥—∫π’È¡’ 25 æ®πå

µ—«Õ¬à“ß∑’Ë 3 ≈”¥—∫‡≈¢§≥‘µ≈”¥—∫Àπ÷Ëß¡’æ®πå·√°‡∑à“°—∫ 6 ·≈–æ®πå∑’Ë 15 ‡∑à“°—∫ -36 ®ß‡¢’¬π
4 æ®πå·√°¢Õß≈”¥—∫‡≈¢§≥‘µ≈”¥—∫π’È

«‘∏’∑”   Q  a1 =  6,  a15  =  -36

           Q a15 = a1 + 14d

·∑π§à“‰¥â -36 = 6 + 14d

14d = -42

d = -3

∴ 4 æ®πå·√°¢Õß≈”¥—∫‡≈¢§≥‘µ≈”¥—∫π’È§◊Õ  6, 6 + (-3),  6 + 2(-3),

6 + 3(-3) À√◊Õ 6, 3, 0, -3
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µ—«Õ¬à“ß∑’Ë 4 ®”π«π‡µÁ¡√–À«à“ß 100 ·≈– 500 ∑’Ë 9 À“√≈ßµ—«¡’°’Ë®”π«π
«‘∏’∑” ®”π«π‡µÁ¡√–À«à“ß 100 ·≈– 500 ∑’Ë 9 À“√≈ßµ—«‰¥â·°à 108, 117, 126, ..., 495

÷́Ëß‡ªìπ≈”¥—∫‡≈¢§≥‘µ∑’Ë a1 = 108,  d = 9  ·≈– an = 495
„Àâ≈”¥—∫π’È¡’ n æ®πå

  Q an =  a1 +  (n - 1)d
495 = 108 + (n - 1) (9)
495 = 99 + 9n
9n =  396
n =  44

∴  ®”π«π‡µÁ¡√–À«à“ß 100 ·≈– 500 ∑’Ë 9 À“√≈ßµ—«¡’ 44 ®”π«π

µ—«Õ¬à“ß∑’Ë 5 ∂â“ 5, x, 15 ‡√’¬ß‡ªìπ≈”¥—∫‡≈¢§≥‘µ®ßÀ“ x
«‘∏’∑”   Q  5, x, 15 ‡√’¬ß‡ªìπ≈”¥—∫‡≈¢§≥‘µ

®–‰¥â x - 5 = 15 - x

 2x = 5 + 15

∴ x =
  

5 15
2

  +  = 10

¢âÕ —ß‡°µ ∂â“ a, b, c ‡ªìπ®”π«π®√‘ß´÷Ëß‡√’¬ß‡ªìπ≈”¥—∫‡≈¢§≥‘µ·≈â«

®–‰¥â b = 
  

a c  +
2

µ—«Õ¬à“ß∑’Ë 6 °”Àπ¥ a, b ·≈– c ·∑π®”π«π®√‘ß ·≈–∂â“ 2, a, b, c, 14 ‡√’¬ß‡ªìπ≈”¥—∫

‡≈¢§≥‘µ·≈â« ®ßÀ“ a + b + c

«‘∏’∑”   Q  2, a, b, c, 14 ‡√’¬ß‡ªìπ≈”¥—∫‡≈¢§≥‘µ ·≈–≈”¥—∫π’È¡’ 5 æ®πå a1 = 2, a5 = 14

  Q a5 = a1 + 4d

14 = 2 + 4d

4d = 12

d = 3

∴   a = 2 + 3 = 5

b = 5 + 3 = 8

c = 8 + 3 = 11

∴ a + b + c = 5 + 8 + 11 = 24


