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¿“§µ—¥°√«¬
ç¿“§µ—¥°√«¬é ª√–°Õ∫¥â«¬ «ß°≈¡ æ“√“‚∫≈“ «ß√’ ·≈–‰Œ‡æÕ√å‚∫≈“‡æ√“–

‡ âπ‚§âß‡À≈à“π’È‰¥â®“°°“√µ—¥°√«¬°≈¡µ√ß¥â«¬√–π“∫ ¥—ß√ŸªµàÕ‰ªπ’È
1.

ç«ß°≈¡é ‡°‘¥®“°°“√µ—¥°√«¬°≈¡µ√ß¥â«¬
√–π“∫∑’Ëµ—Èß©“°°—∫·°π¢Õß°√«¬

2.
çæ“√“‚∫≈“é ‡°‘¥®“°°“√µ—¥°√«¬°≈¡µ√ß
¥â«¬√–π“∫∑’Ë¢π“π°—∫‡ âπª√–°Õ∫√Ÿª°√«¬

3.
ç«ß√’é ‡°‘¥®“°°“√µ—¥°√«¬°≈¡µ√ß¥â«¬
√–π“∫∑’Ë‰¡à¢π“π°—∫∞“π

4.
ç‰Œ‡æÕ√å‚∫≈“é ‡°‘¥®“°°“√µ—¥°√«¬°≈¡µ√ß
¥â«¬√–π“∫∑’Ëµ—¥∑—Èß Õß à«π¢Õß°√«¬·≈–
µ—Èß©“°°—∫∞“π
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1. °“√‡≈◊ËÕπ·°π∑“ß¢π“π

®“°°√“ø O(0, 0) ‡ªìπ®ÿ¥°”‡π‘¥¢Õß·°π‡¥‘¡ (·°π X ·≈–·°π Y) ·≈– O′(h, k)
‡ªìπ®ÿ¥°”‡π‘¥¢Õß·°π„À¡à (·°π X′ ·≈–·°π Y′)

æ‘°—¥¢Õß®ÿ¥ P ‡∑’¬∫°—∫·°π‡¥‘¡ §◊Õ (x, y)
æ‘°—¥¢Õß®ÿ¥ P ‡∑’¬∫°—∫·°π„À¡à §◊Õ (x′, y′)
∴ x = x′ + h À√◊Õ x′ = x - h

y = y′ + k À√◊Õ y′ = y - k

1. °”Àπ¥„Àâ‡≈◊ËÕπ·°π∑“ß¢π“π‚¥¬„Àâ®ÿ¥°”‡π‘¥‰ªÕ¬Ÿà∑’Ë®ÿ¥ (1, 2) ®ÿ¥ A(3, 5), B(4, 0),
C(-2, 1) ·≈– D(0, 7) ¡’æ‘°—¥‡¡◊ËÕ‡∑’¬∫°—∫·°πæ‘°—¥‡¥‘¡ ®ßÀ“æ‘°—¥¢Õß®ÿ¥ A, B, C ·≈–
D ‡¡◊ËÕ‡∑’¬∫°—∫·°πæ‘°—¥„À¡à
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

O

O' (h,k)
y'

x' P(x,y)

Y Y'

X'

X

h
k

· ∫ ∫ Ωñ ° À— ¥ ∑’Ë  1
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2. °”Àπ¥„Àâ‡≈◊ËÕπ·°π∑“ß¢π“π ‚¥¬„Àâ®ÿ¥°”‡π‘¥‰ªÕ¬Ÿà∑’Ë®ÿ¥ (-2, -1) ®ÿ¥ A(2, 3), B(1, 4),

C(-4, 5) ·≈– D(-6, 1) ¡’æ‘°—¥‡¡◊ËÕ‡∑’¬∫°—∫·°πæ‘°—¥‡¥‘¡ ®ßÀ“æ‘°—¥¢Õß®ÿ¥ A, B, C ·≈–

D ‡¡◊ËÕ‡∑’¬∫°—∫·°πæ‘°—¥„À¡à

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

3. °”Àπ¥„Àâ‡≈◊ËÕπ·°π∑“ß¢π“π ‚¥¬„Àâ®ÿ¥°”‡π‘¥‰ªÕ¬Ÿà∑’Ë®ÿ¥ (2, 3) ®ÿ¥ P(-1, 1), Q(3, 5),

R(-2, 4) ·≈– S(2, 0) ¡’æ‘°—¥‡¡◊ËÕ‡∑’¬∫°—∫·°πæ‘°—¥„À¡à ®ßÀ“æ‘°—¥¢Õß®ÿ¥ P, Q, R ·≈–

S ‡¡◊ËÕ‡∑’¬∫°—∫·°πæ‘°—¥‡¥‘¡

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

4. °”Àπ¥„Àâ‡≈◊ËÕπ·°π∑“ß¢π“π ‚¥¬„Àâ®ÿ¥°”‡π‘¥‰ªÕ¬Ÿà∑’Ë®ÿ¥ (-2, -2) ®ÿ¥ P(0, 0), Q(2, 3),

R(-4, -5) ·≈– S(-1, -2) ¡’æ‘°—¥‡¡◊ËÕ‡∑’¬∫°—∫·°πæ‘°—¥„À¡à ®ßÀ“®ÿ¥ P, Q, R ·≈– S

‡¡◊ËÕ‡∑’¬∫°—∫·°πæ‘°—¥‡¥‘¡

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________
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5. ∂â“‡≈◊ËÕπ·°π‰ª‚¥¬„™â®ÿ¥ (2, 3) ‡ªìπ®ÿ¥°”‡π‘¥„À¡à °√“ø¢Õß ¡°“√ y = |x - 2| + 3

®–¡’ ¡°“√‡∑’¬∫·°π„À¡à´÷Ëß¡’æ‘°—¥ (x′, y′) ·∑πæ‘°—¥ (x, y) ‡ªìπÕ¬à“ß‰√

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

6. ®“° ¡°“√µàÕ‰ªπ’È ∂â“µâÕß°“√‡≈◊ËÕπ·°πÕâ“ßÕ‘ß‡æ◊ËÕ„Àâ‰¥â ¡°“√„π√Ÿª∑’Ë°”Àπ¥·≈â« ®–‡≈◊Õ°

®ÿ¥„¥‡ªìπ®ÿ¥°”‡π‘¥

1) (x - 2)(y + 2) = 1 ·≈–µâÕß°“√„Àâ ¡°“√π’ÈÕ¬Ÿà„π√Ÿª x′ y′  = 1

2) y(x + 4) = 1 ·≈–µâÕß°“√„Àâ ¡°“√π’ÈÕ¬Ÿà„π√Ÿª x′ y′  = 1

3) x2 - 4x + 4 + y2 - 2y + 1 = 4 ·≈–µâÕß°“√„Àâ ¡°“√Õ¬Ÿà„π√Ÿª (x′ )2 + (y′ )2 = 4

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

__________________________________________________________________

2. «ß°≈¡

∫∑π‘¬“¡ «ß°≈¡ §◊Õ ‡´µ¢Õß®ÿ¥∑ÿ°®ÿ¥∫π√–π“∫∑’Ë¡’√–¬–Àà“ß®“°®ÿ¥§ß∑’Ë®ÿ¥Àπ÷Ëß
‡ªìπ√–¬–§ß∑’Ë‡ ¡Õ
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§«“¡ —¡æ—π∏å∑’Ë¡’°√“ø‡ªìπ«ß°≈¡∑’Ë¡’®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ O′(h, k) ·≈–¡’√—»¡’¬“«
r Àπà«¬ §◊Õ

{(x, y) ∈ R × R|(x - h)2 + (y - k)2 = r2}

«ß°≈¡∑’Ë¡’ ¡°“√ x2 + y2 + Dx + Ey + F = 0 ‡¡◊ËÕ D, E ·≈– F ‡ªìπ®”π«π®√‘ß
ª√–°Õ∫¥â«¬

®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ O′(-
  

D
2 , -

  

E
2 )

·≈– √—»¡’ r = 
  

D
4  + E4  - F
2 2

 ‡¡◊ËÕ 
  

D
4
2

 + 
  

E
4
2
 - F > 0

1. ®ß‡¢’¬π§«“¡ —¡æ—π∏å´÷Ëß¡’°√“ø‡ªìπ«ß°≈¡ ‡¡◊ËÕ°”Àπ¥
1) ®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ (0, 0) ·≈–¡’√—»¡’¬“« 3 Àπà«¬

______________________________________________________________
______________________________________________________________

2) ®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ (1, 0) ¡’√—»¡’¬“« 4 Àπà«¬
______________________________________________________________
______________________________________________________________

3) ®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ (0, -2) ¡’√—»¡’¬“« 5 Àπà«¬
______________________________________________________________
______________________________________________________________

4) ®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ (1, 2) ¡’√—»¡’¬“« 3 Àπà«¬
______________________________________________________________
______________________________________________________________

Y

O X

P(x,y)
r

O'(h,k)

· ∫ ∫ Ωñ ° À— ¥ ∑’Ë  2
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5) ®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ (-2, 3) ¡’√—»¡’¬“« 4 Àπà«¬

______________________________________________________________

______________________________________________________________

6) ®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ (3, -4) ¡’√—»¡’¬“« 5 Àπà«¬

______________________________________________________________

______________________________________________________________

7) ®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ (-4, -5) ¡’√—»¡’¬“« 2 Àπà«¬

______________________________________________________________

______________________________________________________________

8) ®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ (
  

1
2 , 

  

1
4 ) ¡’√—»¡’¬“« 

  

1
5  Àπà«¬

______________________________________________________________

______________________________________________________________

9) ®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ (-
  

2
3 , 

  

1
3 ) ¡’√—»¡’¬“« 

  

1
3  Àπà«¬

______________________________________________________________

______________________________________________________________

10) ®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ (-
  

1
4 , -

  

1
2 ) ¡’√—»¡’¬“« 1 Àπà«¬

______________________________________________________________

______________________________________________________________

2. ®ß‡¢’¬π°√“ø¢Õß§«“¡ —¡æ—π∏å∑’Ë°”Àπ¥„ÀâµàÕ‰ªπ’È
1) {(x, y) ∈ R × R | x2 + y2 = 16}

O

Y

X
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2) {(x, y) ∈ R × R | x2 + y2 = 10}

3) {(x, y) ∈ R × R | (x - 1)2 + y2 = 25}

O

Y

X

O

Y

X
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4) {(x, y) ∈ R × R | (x + 2)2 + (y - 3)2 = 16}

3. ®ßÀ“®ÿ¥»Ÿπ¬å°≈“ß·≈–√—»¡’¢Õß«ß°≈¡∑’Ë¡’ ¡°“√¥—ßµàÕ‰ªπ’È
1) x2 + y2 - 2x - 8 = 0

______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________

2) x2 + y2 - 4y - 12 = 0
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________

O

Y

X
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3) x2 + y2 - 2x - 4y - 20 = 0

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

4) x2 + y2 + 2x - 6y + 1 = 0

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

5) x2 + y2 + 4x + 6y - 3 = 0

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________


