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µ√’‚°≥¡‘µ‘
1. Õ—µ√“ à«πµ√’‚°≥¡‘µ‘

1.1  Õ—µ√“ à«πµ√’‚°≥¡‘µ‘¢Õß¡ÿ¡¿“¬„π¢Õß√Ÿª “¡‡À≈’Ë¬¡¡ÿ¡©“°

Õ—µ√“ à«πµ√’‚°≥¡‘µ‘¢Õß¡ÿ¡¿“¬„π¢Õß√Ÿª “¡‡À≈’Ë¬¡¡ÿ¡©“° §◊Õ §«“¡ —¡æ—π∏å

√–À«à“ß¥â“π·≈–¡ÿ¡¿“¬„π¢Õß√Ÿª “¡‡À≈’Ë¬¡¡ÿ¡©“°

Õ—µ√“ à«π¢Õß¥â“π¢Õß√Ÿª “¡‡À≈’Ë¬¡¡ÿ¡©“° ABC ∑’Ë —¡æ—π∏å°—∫¡ÿ¡ A §◊Õ

sin  A =
  

§«“¡¬“«¢Õß¥â“πµ√ß¢â“¡¡ÿ¡ A
§«“¡¬“«¢Õß¥â“πµ√ß¢â“¡¡ÿ¡©“° =

  

a
c

cos  A =
  

§«“¡¬“«¢Õß¥â“πª√–™‘¥¡ÿ¡ A
§«“¡¬“«¢Õß¥â“πµ√ß¢â“¡¡ÿ¡©“° =

  

b
c

tan A =
  

§«“¡¬“«¢Õß¥â“πµ√ß¢â“¡¡ÿ¡ A
§«“¡¬“«¢Õß¥â“πª√–™‘¥¡ÿ¡ A =

  

a
b

B

CA

a

b

c



‡∑§π‘§°“√‡√’¬π§≥‘µ»“ µ√å : µ√’‚°≥¡‘µ‘8

1. ®ßÀ“§à“Õ—µ√“ à«π¢Õß§«“¡¬“«¢Õß¥â“π ´÷Ëß‡ªìπ§à“ sine, cosine ·≈– tangent ¢Õß¡ÿ¡ θ
·≈– β „π√Ÿª “¡‡À≈’Ë¬¡µàÕ‰ªπ’È

sin θ = _____________________ sin β = _____________________
cos θ = _____________________ cos β = _____________________

tan θ = _____________________ tan β = _____________________

2.

®“°√Ÿª ®ßÀ“

sin A = _____________________

cos A = _____________________

tan A = _____________________

3.

®“°√Ÿª ®ßÀ“

sin P = _____________________

cos R = _____________________

tan P = _____________________

· ∫ ∫ Ωñ ° À— ¥ ∑’Ë  1.1

C

A Bθ

R

Q

P

β

C

A B

3

4

R

Q

P

17

15
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B

A C45°

45°

2

4. ®“°√Ÿª ∆ABC ¡’   
 Â  = 30° ·≈–   

 B̂ = 60° ·≈– AB = 2 Àπà«¬, BC = 1 Àπà«¬ ®ßÀ“

sin 30° = ______________________

cos 30° = ______________________

tan 30° = ______________________

sin 60° = ______________________

cos 60° = ______________________

tan 60° = ______________________

5. ®“°√Ÿª ∆ABC ‡ªìπ ∆ ¡ÿ¡©“° ¡’   
 Ĉ  ‡ªìπ¡ÿ¡©“° ·≈–   

 Â  =   
 B̂ = 45° ·≈– AB =   2

Àπà«¬ ®ßÀ“

sin 45° = ______________________
cos 45° = ______________________
tan 45° = ______________________

6. ®ßÀ“Õ—µ√“ à«π¢Õß§«“¡¬“«¢Õß¥â“π´÷Ëß‡ªìπ§à“‰´πå (sine), ‚§‰´πå (cosine) ·≈–·∑π‡®πµå
(tangent) ¢Õß¡ÿ¡·À≈¡„π√Ÿª “¡‡À≈’Ë¬¡¡ÿ¡©“°µàÕ‰ªπ’È
1) 2)

sin A =  _____________________ sin A =  _____________________

cos A =  _____________________ cos A =  _____________________

tan A  =  _____________________ tan A =  _____________________

sin B =  _____________________ sin B =  _____________________

cos B  =  _____________________ cos B =  _____________________

tan B  =  _____________________ tan B =  _____________________

30°

60°

B

CA

1
2

A

B

c
b

a C

B

A

5

4 C
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A

C

B

5

12

3) 4)

sin A = _____________________ sin B =  _____________________
cos A = _____________________ cos B =  _____________________
tan A = _____________________ tan B =  _____________________
sin B = _____________________ cos C =  _____________________
cos B = _____________________ tan C =  _____________________
tan B = _____________________ sin C =  _____________________

7.

®“°√Ÿª ABC ‡ªìπ√Ÿª “¡‡À≈’Ë¬¡¡ÿ¡©“° ¡’   
 Ĉ

‡ªìπ¡ÿ¡©“° ·≈–∂â“ sin A = 
  

1
2 ®ßÀ“ tan A

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

8.
®“°√Ÿª ABC ‡ªìπ√Ÿª “¡‡À≈’Ë¬¡¡ÿ¡©“° ¡’

  
 Ĉ  ‡ªìπ¡ÿ¡©“° ·≈–∂â“ cos A = 

  

1
2 ®ßÀ“

tan A

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

A

B

12

C

B

A C

B

A C
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9.

®“°√Ÿª ABC ‡ªìπ√Ÿª “¡‡À≈’Ë¬¡¡ÿ¡©“° ¡’   
 Ĉ

‡ªìπ¡ÿ¡©“° ·≈–∂â“ tan A = 1 ®ßÀ“ sin A ·≈–
cos B

______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________

1.2 Õ—µ√“ à«πµ√’‚°≥¡‘µ‘¢Õß¡ÿ¡ 30°°°°°, 60°°°°° ·≈– 45°°°°°

sin A = BC
AB

cos A = AC
AB

tan A = BC
AC

sin 30° =
  

1
2

cos 30° =
  

3
2

tan 30° =
  

1
3

sin 45° =
  

1
2

cos 45° =
  

1
2

tan 45° = 1

sin 60° =
  

3
2

cos 60° =
  

1
2

tan 60° =
  3

B

A C

30°
3

2
1

45°
1

1
2

3

60°

2

1

B

CA
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1. ®ßÀ“§à“¢Õß

1) sin 30° + cos 60° + tan 45°

______________________________________________________________

______________________________________________________________

______________________________________________________________

______________________________________________________________

2) sin 45° - cos 45° + tan 60°
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________

3) sin 60° - cos 30° + tan 45°
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________

4) tan230° + sin245° + cos245°
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________

5) 3tan245° + 4sin230° - tan260°
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________

· ∫ ∫ Ωñ ° À— ¥ ∑’Ë  1.2
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6) sin 45° cos45° cos60°
______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________

7)
  

1
3 tan260° + sin 60° tan 30° - 

  

1
2 tan 45°

______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________

8) 2sin 30° tan 45° - cos 30° tan 30° + 
  

1
6 tan260°

______________________________________________________________
______________________________________________________________
______________________________________________________________
______________________________________________________________

2. ∂â“ x sin 30° cos 45° = tan 45° sin 45° ®ßÀ“ x
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

3. ∂â“ tan245° - cos260° = x sin 45° cos 45° tan260° ®ßÀ“ x
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
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B

A C100
40°

1.3  °“√π”‰ª„™â

‡√“ “¡“√∂π”Õ—µ√“ à«πµ√’‚°≥¡‘µ‘‰ª„™â„π°“√·°âªí≠À“µà“ßÊ ‰¥â¥—ßπ’È

µ—«Õ¬à“ß∑’Ë 1  “¡‡À≈’Ë¬¡¡ÿ¡©“°√ŸªÀπ÷Ëß ¡’¡ÿ¡·À≈¡¡ÿ¡Àπ÷Ëß°“ß 30 Õß»“ ·≈–¥â“π∑’Ë¬“«∑’Ë ÿ¥
¬“« 4  3 π‘È« ®ßÀ“¥â“π —Èπ∑’Ë ÿ¥

«‘∏’∑” „Àâ ABC ‡ªìπ ∆ ¡ÿ¡©“° ¡’   
 Ĉ  ‡ªìπ¡ÿ¡©“° ·≈–   

 Â  = 30° ·≈– AB = 4  3 π‘È«
∴  BC ‡ªìπ¥â“π∑’Ë —Èπ∑’Ë ÿ¥

  

Q

   sin A = BC
AB

·∑π§à“‰¥â sin 30° =
  

BC
4 3

  

1
2 =

  

BC
4 3

BC =
  

4 3
2  = 2  3 Àπà«¬

µ—«Õ¬à“ß∑’Ë 2 ™“¬§πÀπ÷ËßµâÕß°“√«—¥ à«π°«â“ß¢Õß·¡àπÈ” ‡¢“¬◊πÕ¬Ÿà√‘¡Ωíòß∑’Ë®ÿ¥ A ·≈â«¡Õß¢â“¡‰ª
∑’Ë®ÿ¥ B ́ ÷ËàßÕ¬Ÿààµ√ß¢â“¡ ́ ÷Ëß‡ªìπ√–¬–∑’Ë —Èπ∑’Ë ÿ¥ ·≈â«‡¢“‡¥‘π‡≈’¬∫Ωíòß·¡àπÈ”‰ª‡ªìπ√–¬–∑“ß
100 ‡¡µ√ °ÁÀ¬ÿ¥Õ¬Ÿà∑’Ë®ÿ¥ C «—¥¡ÿ¡ ACB ‰¥â 40° ®ßÀ“§«“¡°«â“ß¢Õß·¡àπÈ” (°”Àπ¥
tan 40° = 0.839)

«‘∏’∑”«‘∏’∑”«‘∏’∑”«‘∏’∑”«‘∏’∑” ®“°√Ÿª AB ‡ªìπ§«“¡°«â“ß¢Õß·¡àπÈ”

ABC ‡ªìπ ∆ ¡ÿ¡©“° ¡’   
 Â  = 90° ·≈–   

 Ĉ  = 40°

∴
  

AB
AC = tan 40°

AB = AC tan 40°

= 100 × 0.839

= 83.90 ‡¡µ√

∴  ·¡àπÈ”°«â“ß  83.90  ‡¡µ√

µ—«Õ¬à“ß∑’Ë 3 µ÷° Õß™—ÈπÀ≈—ßÀπ÷Ëß¡’æ◊Èπ™—Èπ≈à“ßµË”°«àà“™—Èπ∫π 3 ‡¡µ√ ¡’∫—π‰¥∑Õ¥‡¥’¬« ¢—Èπ∫—π‰¥

·µà≈–¢—Èπ°«â“ß 20 ‡´πµ‘‡¡µ√ ·≈– Ÿß°«àà“°—π 15 ‡´πµ‘‡¡µ√ ®ßÀ“«à“∫—π‰¥¬“«‡∑à“‰√

·≈–∫—π‰¥∑”¡ÿ¡°—∫æ◊Èπ°’ËÕß»“ (°”Àπ¥  tan 37° ≈ 0.75)

B

A C



  ‡∑§π‘§°“√‡√’¬π§≥‘µ»“ µ√å : µ√’‚°≥¡‘µ‘ 15

A

CB
15 ́ ¡..

20 ́ ¡.

3 ¡.

«‘∏’∑” ®“°√Ÿª AB ‡ªìπ§«“¡¬“«¢Õß∫—π‰¥,
AC  =  3 ‡¡µ√

  

Q

∫—π‰¥·µà≈–¢—Èπ Ÿß 15 ‡´πµ‘‡¡µ√

∴ ∫—π‰¥¡’ = 
  

300
15  = 20 ¢—Èπ

·≈– ∫—π‰¥·µàà≈–¢—Èπ°«â“ß 20 ‡´πµ‘‡¡µ√
∴ ∫—π‰¥Õ¬ŸàÀà“ß®“°®ÿ¥ C = 20 × 20

=  400 ‡´πµ‘‡¡µ√ = 4 ‡¡µ√
  

Q

AB2 = BC2 + CA2

= 42 + 32

= 16 + 9  =  25  =  52

∴ AB = 5  ‡¡µ√
∴   ∫—π‰¥¬“« 5  ‡¡µ√

·≈–    
  

Q

    
  

AC
BC = tan B

  

3
4 = tan B

∴     tan B = 0.75  =  tan 37°
∴          B = 37°

            ∴   ∫—π‰¥∑”¡ÿ¡°—∫æ◊Èπ 37 Õß»“

1.

®“°√Ÿª ABC ‡ªìπ ∆ ¡’   
 Ĉ  = 90°,    Â  = 30°

·≈– AB = 9  3 ®ßÀ“ BC, AC ·≈–   
 B̂

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

· ∫ ∫ Ωñ ° À— ¥ ∑’Ë  1.3

30°

B

A C

9 3
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A

CB D

2. ®“°√Ÿª ABC ‡ªìπ ∆ ¡’   
 Ĉ  = 90°,   

 Â  = 30°
·≈– AC = 55  3 ®ßÀ“ AB ·≈– BC

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

3. ®“°√Ÿª  ABC  ‡ªìπ  ∆  ∑’Ë¡’     
 Ĉ  = 90°,

AB = 50 ·≈– BC = 25  2 ≈“° CD ⊥ AB

∑’Ë D ®ßÀ“   
 Â , AC ·≈– CD

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

4. ®“°√Ÿª  ABC  ‡ªìπ  ∆  ∑’Ë¡’    
 B̂ =  30°,

  
 Ĉ  = 60° ≈“° AD ⊥ BC ·≈– BD = 15
π‘È«  ®ßÀ“ AB ·≈– AC

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

5. ®“°√Ÿª ABC ‡ªìπ ∆ ∑’Ë¡’   
 B̂ = 30°,   

 Ĉ = 120°
·≈– BC = 10 øÿµ ≈“° AD µ—Èß©“°°—∫ BC ∑’Ë
µàÕÕÕ°‰ª∑’Ë D ®ßÀ“ AD ·≈– AB

30° C

B

A
55 3

B

D
25 2

A C

A

CDB
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__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

6. ®“°√Ÿª ABC ‡ªìπ ∆ ∑’Ë¡’    Â  = 30°,   
 Ĉ  = 135°

·≈– AC = 100 øÿµ ≈“° BD µ—Èß©“°°—∫ AC
∑’ËµàÕÕÕ°‰ª∑’Ë D ®ßÀ“ AD

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

7. ™“¬§πÀπ÷Ëß¬◊πÕ¬Ÿà∫πæ◊Èπ¥‘π ≥ ®ÿ¥Ê Àπ÷Ëß ¡Õß¥Ÿ¬Õ¥‡ “∏ß‡ªìπ¡ÿ¡¬°¢÷Èπ 60 Õß»“ ∂â“™“¬
§ππ’È¬◊πÕ¬ŸàÀà“ß®“°‡ “∏ß‡ªìπ√–¬– 100 ‡¡µ√ ®ßÀ“§«“¡ Ÿß¢Õß‡ “∏ß
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

8. ™“¬§πÀπ÷Ëß¬◊πÕ¬Ÿà∫πÀπâ“º“ Ÿß 100 ‡¡µ√ ¡Õß‡ÀÁπ°ÕßÀ‘π∫πæ◊Èπ¥‘π‡∫◊ÈÕß≈à“ß„π·π«‡¥’¬«
°—∫‡™‘ßº“‡ªìπ¡ÿ¡°¥≈ß 30 Õß»“ ®ßÀ“«à“°ÕßÀ‘ππ—ÈπÕ¬ŸàÀà“ß®“°‡™‘ßº“°’Ë‡¡µ√
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

A

B

D
C
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9. ™“¬§πÀπ÷Ëß¬◊πÕ¬Ÿà∫πæ◊Èπ¥‘π ≥ ®ÿ¥Ê Àπ÷Ëß ¡Õß¥Ÿ¬Õ¥‡ “∏ß‡ªìπ¡ÿ¡‡ß¬ 30 Õß»“ ‡¡◊ËÕ‡¢“
‡¥‘π‡¢â“‰ª„°≈â‡ “∏ß‡ªìπ√–¬– 100 ‡¡µ√ ‡¢“®–‡ÀÁπ¡ÿ¡‡ß¬¢Õß¬Õ¥‡ “∏ß‡ªìπ 60 Õß»“
®ßÀ“§«“¡ Ÿß¢Õß‡ “∏ß
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

10. ™“¬§πÀπ÷Ëß¬◊πÕ¬Ÿà∫πÀπâ“º“ Ÿß 100 øÿµ ‡ÀÁπ°ÕßÀ‘π Õß°Õß∫πæ◊Èπ¥‘π‡∫◊ÈÕß≈à“ß„π·π«‡¥’¬«
°—π°—∫‡™‘ßº“ ∂â“¡ÿ¡°¥≈ß¢Õß°ÕßÀ‘π∑—Èß Õß‡ªìπ 60° ·≈– 45° µ“¡≈”¥—∫ ®ßÀ“«à“°ÕßÀ‘π
 Õß°Õßπ—ÈπÕ¬ŸàÀà“ß°—π‡∑à“‰√
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

1.4 Õ—µ√“ à«πµ√’‚°≥¡‘µ‘Õ◊ËπÊ ∑’Ë§«√∑√“∫

B

b

a
c

A C
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®“°Õ—µ√“ à«πµ√’‚°≥¡‘µ‘∑’Ë‰¥â°≈à“«‰ª·≈â«¢â“ßµâπ ‡√“ “¡“√∂À“Õ—µ√“ à«π°≈—∫¢Õß
Õ—µ√“ à«πµ√’‚°≥¡‘µ‘‰¥â¥—ßπ’È

cosec A =
  

§«“¡¬“«¢Õß¥â“πµ√ß¢â“¡¡ÿ¡©“°
§«“¡¬“«¢Õß¥â“πµ√ß¢â“¡¡ÿ¡ A

=
  

c
a    =  

  

1
sin A

sec A =
  

§«“¡¬“«¢Õß¥â“πµ√ß¢â“¡¡ÿ¡©“°
§«“¡¬“«¢Õß¥â“πª√–™‘¥¡ÿ¡ A

=
  

c
b  =  

  

1
cos A

cot A =
  

§«“¡¬“«¢Õß¥â“πª√–™‘¥¡ÿ¡ A
§«“¡¬“«¢Õß¥â“πµ√ß¢â“¡¡ÿ¡ A

=
  

b
a   =  

  

1
tan A

µ“√“ß· ¥ß§à“¢ÕßÕ—µ√“ à«πµ√’‚°≥¡‘µ‘¢Õß¡ÿ¡ 30°°°°°, 45°°°°° ·≈– 60°°°°°

¡ÿ¡

30°°°°°               45°°°°°               60°°°°°
Õ—µ√“ à«π

sin
  

1
2

  

1
2   

3
2

cosec 2   2
  

2
3

cos
  

3
2

  

1
2   

1
2

sec
  

2
3   2 2

tan
  

1
3

1   3

cot   3 1
  

1
3
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· ∫ ∫ Ωñ ° À— ¥ ∑’Ë  1.4

®ßÀ“§àà“¢Õß

1. cot245°cosec 60°cot 30°sec245°
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

2.
  

1
2 cosec260°- sec245° - 2cot260°

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

3. tan260° + 4cos245° + 3sec230°
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

4. sin360°cot 30° - 2sec245° + 3cos 60° tan 45°
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

5. 3tan245° - sin260° - 
  

1
2 cot230° + 

  

1
8 sec245°

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
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6. sin245°cos230°tan260° + cot 30°sin 60°sin 30° + cos245°tan 60°sec 30°
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

7. 2cos245° + 4sin245° + 3cosec260°
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

8. cot230° - 2cos260° - 
  

3
4  sec245° - 4sin230°

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

9. 3tan230° - 
  

1
3 sin260° - 

  

1
2 cosec245° +  

  

4
3  cos230°

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

10. sin 30°sec 60° + tan 60°cosec 60° + cosec 45°sec 45°

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
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1.5 §«“¡ —¡æ—π∏å√–À«à“ßÕ—µ√“ à«πµ√’‚°≥¡‘µ‘¢Õß¡ÿ¡¿“¬„π¢Õß√Ÿª “¡‡À≈’’Ë¬¡

¡ÿ¡©“°∑’Ë§«√∑√“∫

sin A ⋅ cosec A = 1
cos A ⋅ sec A = 1
tan A ⋅ cot A = 1
sin2A + cos2A = 1
sec2A - tan2A = 1
cosec2A - cot2A = 1

tan A  =  
  

sin
cos

 
 
A
A   ·≈–  cot A  =  

  

cos
sin

 
 
A
A

1. °”Àπ¥ sin A = 
  

5
13  ®ßÀ“ cos A, tan A

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

2. °”Àπ¥ cos A = 
  

8
17  ®ßÀ“ sin A, cot A

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

3. °”Àπ¥ sin A = 0.8  ®ßÀ“ sec A, cot A
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

· ∫ ∫ Ωñ ° À— ¥ ∑’Ë  1.5
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4. °”Àπ¥ a cot A =   b2- 2a    ®ßÀ“ sin A
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

5. °”Àπ¥ ∂â“ 5 sin A = 3 ®ßÀ“§à“¢Õß 
  

3
9
 sec  - 2 secA
 se  - 4 secA

  

  

co A
co cA

__________________________________________________________________
__________________________________________________________________
__________________________________________________________________
__________________________________________________________________

®ß‡≈◊Õ°§”µÕ∫∑’Ë∂Ÿ°µâÕß∑’Ë ÿ¥‡æ’¬ß§”µÕ∫‡¥’¬«„π·µà≈–¢âÕµàÕ‰ªπ’È

1. ®“°√Ÿª ABC ‡ªìπ “¡‡À≈’Ë¬¡¡ÿ¡©“° ¡’   
 B̂ = 30°,   

 Ĉ  = 90°, AB = 10 ®ßÀ“ a
(°”Àπ¥   3 = 1.732)

1. 1.732
2. 3.464
3. 8.66
4. §”µÕ∫∑’Ë∂Ÿ°µâÕß‰¡àà‰¥â„Àâ¡“

2. ®“°√Ÿª ABC ‡ªìπ “¡‡À≈’Ë¬¡¡ÿ¡©“° ¡’   
 Ĉ  ‡ªìπ¡ÿ¡©“° ∂â“ AB = 100 ·≈–   

    ^BAC = 26°
®ßÀ“ BC  (°”Àπ¥ sin 26° = 0.488)

1. 4.88
2. 48.8
3. 488
4. 84.8

· ∫ ∫ ∑ ¥   Õ ∫

 Õ—µ√“ à«πµ√’‚°≥¡‘µ‘

30°

A

a

10

B C

26°

B

A C

100
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3. ®“°√Ÿª ®ßÀ“ AC (°”Àπ¥   3 = 1.732,   2 = 1.414)

1. 73.2
2. 732
3. 27.3
4. 273

4. ®“°√Ÿª ®ßÀ“ AD (°”Àπ¥   3 = 1.732)

1. 8.66
2. 86.6
3. 866.0
4. ‰¡à¡’¢âÕ„¥∂Ÿ°

5. ®ßÀ“§à“¢Õß 4 sin 30°cos 30°tan 30°
1. 1 2. 2
3. 3 4. 4

6. §à“¢Õß sin260° + cos260° + tan245°tan260° + sin 45°cos 45° §◊Õ¢âÕ„¥µàÕ‰ªπ’È

1. 1 2. 2

3. 4 4. 4
  

1
2

7. ®ßÀ“§à“¢Õß 
  

1
2 sec 60° + 

  

1
4  cosec230° - 2 cot245° + cot230°

1. 1 2. 2

3. 3 4. 4

8. ∂â“ sin A = 0.6 ®ßÀ“ cos A

1. 0.5 2. 0.7

3. 0.8 4 0.9

9. ∂â“ cos A = 0.5 ®ßÀ“ tan A

1. 0.5 2. 1

3.
  

1
3 4.   3

30° 135°

B

C

100

A
D

A

C100
30° 120°

B D
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10. ∂â“ tan A = 0.75 ®ßÀ“ sin A + cos A

1. 0.7 2. 1.4

3. 0.8 4. 1.1

11. ™“¬ºŸâÀπ÷Ëßπ”∫—π‰¥¬“« 50 øÿµ æ“¥‡¢â“°—∫°”·æß„Àâª≈“¬∫π¢Õß∫—π‰¥Õ¬Ÿàà™‘¥°—∫¢Õ∫∫π
¢Õß°”·æßæÕ¥’ ‡¢“ —ß‡°µ‡ÀÁπ«à“∫—π‰¥∑”¡ÿ¡ 60 Õß»“°—∫æ◊Èπ√“∫ ®ßÀ“§«“¡ Ÿß¢Õß°”·æß

1. 25  øÿµ 2. 25  3  øÿµ

3. 25  2  øÿµ 4. ∑’Ë„Àâ¡“‰¡à¡’§”µÕ∫

12. ≥ ®ÿ¥Ê Àπ÷Ëß∫πæ◊Èπ¥‘π ¡ÿ¡¬°¢÷Èπ¢Õß‡ “∏ßµâπÀπ÷Ëß‡∑à“°—∫ 30° ‡¡◊ËÕ‡¥‘πµ√ß‡¢â“‰ª„°≈â

‡ “∏ßÕ’° 10 ‡¡µ√ ¡ÿ¡¬°¢÷Èπ¢Õß¬Õ¥‡ “∏ß‡ªìπ 45° ®ßÀ“«àà“‡ “∏ß Ÿß‡∑à“‰√

(°”Àπ¥   3 = 1.732)

1. 17.32 ‡¡µ√ 2. 13.66 ‡¡µ√

3. 136.6 ‡¡µ√ 4. 173.2 ‡¡µ√

13. ‡ “∏ßªí°µ—Èß©“°Õ¬Ÿàà∫πÕ“§“√‡√’¬πÀ≈—ßÀπ÷Ëß π—°‡√’¬π§πÀπ÷Ëßπ—ËßÕ¬Ÿà„π π“¡Àà“ß®“°Õ“§“√

‡√’¬πÕÕ°‰ª 40 øÿµ ¡Õß‡ÀÁπ¬Õ¥Õ“§“√‡ªìπ¡ÿ¡‡ß¬ 30° ·≈–¬Õ¥‡ “∏ß‡ªìπ¡ÿ¡‡ß¬ 60°

®ßÀ“§«“¡ Ÿß¢Õß‡ “∏ß

1. 46.2 øÿµ 2. 42.6 øÿµ

3. 64.2 øÿµ 4. 24.6 øÿµ

14. ‡ “‰øøÑ“ Õßµâπ Ÿß‡∑àà“°—π Õ¬ŸàÀàà“ß°—π 100 øÿµ ™“¬§πÀπ÷Ëß¬◊πÕ¬Ÿà∑’Ëà®ÿ¥Ê Àπ÷Ëß√–À«àà“ß‡ “

‰øøÑ“∑—Èß Õß ·≈–Õ¬Ÿà∫π·π«‡ âπµ√ß∑’Ë≈“°ºàà“π‚§π‡ “  —ß‡°µ‡ÀÁπ¬Õ¥‡ “‰øøÑ“∑—Èß Õß

‡ªìπ¡ÿ¡‡ß¬ 30° ·≈– 60° ®ßÀ“«à“ ‡ “‰øøÑ“∑—Èß Õß Ÿß‡∑à“‰√

1. 75 øÿµ 2. 25 øÿµ

3. 25  3 øÿµ 4. 75  3 øÿµ

15. ™“¬§πÀπ÷Ëß¬◊πÕ¬ŸàÀà“ß®“°‡ “∏ßµâπÀπ÷Ëß 100 øÿµ  —ß‡°µ‡ÀÁπ¬Õ¥‡ “∏ß‡ªìπ¡ÿ¡‡ß¬ 30° ‡¡◊ËÕ

‡¢“‡¥‘π‡¢â“‰ª„°≈â‡ “∏ß‰¥â 2 π“∑’ ‡¢“‡ÀÁπ«à“¬Õ¥‡ “∏ß¡’¡ÿ¡‡ß¬ 60° ®ßÀ“«à“™“¬ºŸâπ’È‡¥‘π

¥â«¬Õ—µ√“‡√Á«°’ËøÿµµàÕπ“∑’

1. 33 
  

1
3  øÿµ/π“∑’ 2. 33 

  

2
3  øÿµ/π“∑’

3. 23 
  

1
3  øÿµ/π“∑’ 4. 23 

  

2
3  øÿµ/π“∑’



‡∑§π‘§°“√‡√’¬π§≥‘µ»“ µ√å : µ√’‚°≥¡‘µ‘26

Y

X0

(0,1)

(1,0)

(0,-1)

(-1,0) P(0)
P(2p)

P(p)

P(   )3p
2

P(  )p
2

q ≥ 0

Y

Y'

X' X
(-1,0) (1,0)

(0,1)

(0,-1)

0

§«Õ¥√—πµå 1
(+,+)

§«Õ¥√—πµå 2
(-,+)

§«Õ¥√—πµå 4
(+,-)

§«Õ¥√—πµå 3
(-,-)

2. øíß°å™—πµ√’‚°≥¡‘µ‘
2.1 «ß°≈¡Àπ÷ËßÀπà«¬

«ß°≈¡Àπ÷ËßÀπà«¬ §◊Õ «ß°≈¡∑’Ë¡’®ÿ¥»Ÿπ¬å°≈“ßÕ¬Ÿà∑’Ë®ÿ¥ (0, 0) ·≈–¡’√—»¡’‡∑à“°—∫

Àπ÷ËßÀπà«¬

§«“¡¬“«¢Õß‡ âπ√Õ∫«ß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬

§«“¡¬“«¢Õß‡ âπ√Õ∫«ß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ®–‡ªìπ‰ªµ“¡ ¡°“√ 2pr = 2p Àπà«¬
À√◊Õª√–¡“≥ 2 ¥ (3.1416) = 6.2832

¥—ßπ—Èπ §√÷Ëàß«ß°≈¡Àπ÷ËßÀπà«¬¬“« =
  

2
2
p   =  p  Àπà«¬ À√◊Õª√–¡“≥ 3.1416

‡ ’È¬««ß°≈¡Àπ÷ËßÀπà«¬¬“« =
  

2
4
p   = 

  

p
2   Àπà«¬ À√◊Õª√–¡“≥ 1.5708

°“√«—¥§«“¡¬“« à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬

°”Àπ¥ q Œ R ®ÿ¥ P(q) ‡ªìπ®ÿ¥ª≈“¬ à«π‚§âß∑’Ë¬“« | q | Àπàà«¬ ‚¥¬«—¥®“°®ÿ¥ (1, 0)
‰ªµ“¡ à«π‚§âß¢Õß«ß°≈¡

∂â“ q ≥ 0  À¡“¬∂÷ß °“√«—¥‰ª„π∑‘»∑“ß∑«π‡¢Á¡π“Ãî°“
∂â“ q < 0  À¡“¬∂÷ß °“√«—¥‰ª„π∑‘»∑“ßµ“¡‡¢Á¡π“Ãî°“
·≈–„Àâ à«π‚§âß«ß°≈¡Àπ÷ËßÀπà«¬∑’Ë¬“« q Àπà«¬ ¡’‚§ÕÕ√å¥‘‡π∑®ÿ¥ª≈“¬ à«π‚§âß‡ªìπ

(x, y) π—Ëπ§◊Õ P(q) = (x, y)

� < 0

Y

XP(0)0

(0,1) P(     )3π�
2-

(0,-1)P(    )π�
2-

P(-2π)P(-π) (1,0)(-1,0)
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‚§ÕÕ√å¥‘‡π∑¢Õß®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬∑’Ë¬“« 
  

pp
4

‚§ÕÕ√å¥‘‡π∑¢Õß®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬∑’Ë¬“« 
  

pp
3

‚§ÕÕ√å¥‘‡π∑¢Õß®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬∑’Ë¬“« 
  

pp
6

(-1,0)
X

Y

0

(0,1)

(0,-1)

(1,0)

P(   )=(       )p
4

1
2

1
2

,

P(   )=(         )7p
4

1
2

1
2

,-P(   )=(          )5p
4

1
2-1

2
,-

P(   )=(         )3p
4

1
2

1
2

,-

(-1,0)
X

Y

0

(0,1)

(0,-1)

(1,0)

P(     )=(          )3p
4

1
2--- 1

2
,

P(     )=(         )1
2

1
2

,-5p
4- P(     )=(        )1

2
1
2

,7p
4-

P(    )=(        )1
2

, 1
2-p

4-

(-1,0)
X

Y

0

(0,1)

(0,-1)

(1,0)

P(   )=(       )p
3

1
2

3
2,

P(   )=(          )4p
3

3
2-1

2
,-

P(   )=(         )2p
3

3
2

1
2 ,-

P(     )=(         )5p
3

1
2

3
2

,-

(-1,0)
X

Y

0

(0,1)

(0,-1)

(1,0)

P(     )=(          )2p
3

3
2--- 1

2 ,

P(     )=(         )3
2

1
2 ,-4p

3- P(     )=(        )3
2

1
2 ,5p

3-

P(    )=(        )1
2 , 3

2-p
3-

(-1,0)
X

Y

0

(0,1)

(0,-1)

(1,0)

P(   )=(       )p
6

1
2

3
2 ,

P(   )=(          )7p
6

3
2- , 1

2-

P(   )=(         )5p
6

3
2

1
2,-

P(     )=(        )11p
6

3
2
, - 1

2

(-1,0)
X

Y

0

(0,1)

(0,-1)

(1,0)

P(     )=(          )5p
6

3
2 --- 1

2,

P(     )=(        )1
2

3
2 ,-7p

6-

P(    )=(        ),3
2

1
2-p

6-

P(       )=(       )11p
6

3
2
, 1
2-
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1. °”Àπ¥ q ‡ªìπ®”π«π®√‘ß ·≈– P(q) ‡ªìπ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬∑’Ë¬“« q
Àπà«¬ ®ß∫Õ°æ‘°—¥¢Õß®ÿ¥ª≈“¬ à«π‚§âßµàÕ‰ªπ’È

· ∫ ∫ Ωñ ° À— ¥ ∑’Ë  2.1

26) P(-
  

5
2
p ) = ______________

27) P(-
  

7
2
p ) = ______________

28) P(-
  

9
2
p ) = ______________

29) P(
  

p
4 ) = ______________

30) P(-
  

p
4 ) = ______________

31) P(
  

3
4
p ) = ______________

32) P(-
  

3
4
p ) = ______________

33) P(
  

5
4
p ) = ______________

34) P(-
  

5
4
p ) = ______________

35) P(
  

7
4
p ) = ______________

36) P(-
  

7
4
p ) = ______________

37) P(
  

p
3 ) = ______________

38) P(- 
  

p
3 ) = ______________

39) P(
  

2
3
p ) = ______________

40) P(-
  

2
3
p ) = ______________

41) P(
  

4
3

p ) = ______________

42) P(-
  

4
3

p ) = ______________

43) P(
  

5
3
p ) = ______________

44) P(-
  

5
3
p ) = ______________

45) P(
  

7
3
p ) = ______________

46) P(-
  

7
3
p ) = ______________

1) P(p) = ______________
2) P(2p) = ______________
3) P(3p) = ______________
4) P(4p) = ______________
5) P(5p) = ______________
6) P(6p) = ______________
7) P(-p) = ______________
8) P(-2p) = ______________
9) P(-3p) = ______________

10) P(-4p) = ______________
11) P(-5p) = ______________
12) P(-6p) = ______________
13) P(15p) = ______________
14) P(16p) = ______________
15) P(101p) = ______________
16) P(100p) = ______________
17) P(-51p) = ______________
18) P(-102p) = ______________

19) P(
  

p
2 ) = ______________

20) P(
  

3
2
p ) = ______________

21) P(
  

5
2
p ) = ______________

22) P(
  

7
2
p ) = ______________

23) P(
  

9
2
p ) = ______________

24) P(-
  

p
2 ) = ______________

25) P(-
  

3
2
p ) = ______________
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47) P(
  

p
6 ) = ______________

48) P(-
  

p
6 ) = ______________

49) P(
  

5
6
p ) = ______________

50) P(-
  

5
6
p ) = ______________

51) P(
  

7
6
p ) = ______________

52) P(-
  

7
6
p ) = ______________

53) P(
  

11
6

p ) = ______________

54) P(-
  

11
6

p ) = ______________

55) P(
  

13
6

p ) = ______________

56) P(-
  

13
6

p ) = ______________

2. ®ß∫Õ°«à“®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬µàÕ‰ªπ’ÈÕ¬Ÿà„π§«Õ¥√—πµå„¥

1) P(
  

p
4 ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

2) P(-
  

p
4 ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

3) P(
  

3
4
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

4) P(-
  

3
4
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

5) P(
  

5
4
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

6) P(-
  

5
4
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

7) P(
  

7
4
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

8) P(-
  

7
4
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

9) P(
  

9
4
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

10) P(-
  

9
4
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

11) P(
  

25
4

p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

12) P(-
  

25
4

p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

13) P(
  

p
3 ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

14) P(-
  

p
3 ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

15) P(
  

2
3
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

16) P(-
  

2
3
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

17) P(
  

4
3

p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

18) P(-
  

4
3

p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

19) P(
  

5
3
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________



‡∑§π‘§°“√‡√’¬π§≥‘µ»“ µ√å : µ√’‚°≥¡‘µ‘30

20) P(-
  

5
3
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

21) P(
  

7
3
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

22) P(-
  

7
3
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

23) P(
  

25
3

p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

24) P(-
  

25
3

p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

25) P(
  

p
6 ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

26) P(-
  

p
6 ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

27) P(
  

5
6
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

28) P(-
  

5
6
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

29) P(
  

7
6
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

30) P(-
  

7
6
p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

31) P(
  

11
6

p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

32) P(-
  

11
6

p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

33) P(
  

25
6

p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

34) P(-
  

25
6

p ) Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë ______________________________________

35) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« 2 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
______________________________________________________________

36) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« 3 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
______________________________________________________________

37) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« 4 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
______________________________________________________________

38) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« 5 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
______________________________________________________________

39) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« 6 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
______________________________________________________________

40) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« -2 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
______________________________________________________________

41) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« -3 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
_____________________________________________________________
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Y

X0

(0,1)

(1,0)

(0,-1)

(-1,0)

P(q)=(x,y)y=sinq

x=cosq

42) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« -4 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
______________________________________________________________

43) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« -5 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
______________________________________________________________

44) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« -6 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
______________________________________________________________

45) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« 9 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
______________________________________________________________

46) ®ÿ¥ª≈“¬ à«π‚§âß¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ ∑’Ë¬“« 12 Àπà«¬ Õ¬Ÿà„π§«Õ¥√—πµå∑’Ë
______________________________________________________________

2.2 øíß°å™—π‰´πå·≈–‚§‰´πå

°”Àπ¥ P(q) = (x, y) ®–‰¥â

sin q = y  ·≈–  cos q = x

‚¥‡¡π¢Õßøíß°å™—π∑—Èß Õß§◊Õ ‡´µ¢Õß®”π«π®√‘ß ·≈–‡√π®å¢Õßøíß°å™—π‰´πå·≈–øíß°å™—π
‚§‰´πå§◊Õ ‡´µ¢Õß®”π«π®√‘ßµ—Èß·µà -1 ∂÷ß 1

π—Ëπ§◊Õ Dsine = Dcosine  =  R
Rsine = Rcosine  =  [-1, 1]

®“° ¡°“√¢Õß«ß°≈¡Àπ÷ËßÀπà«¬ x2 + y2 = 1 ·≈– x = cos q, y = sin q ®–‰¥â
§«“¡ —¡æ—π∏å¢Õß sine ·≈– cosine ¥—ßπ’È

cos2 q + sin2 q = 1



‡∑§π‘§°“√‡√’¬π§≥‘µ»“ µ√å : µ√’‚°≥¡‘µ‘32

π—Ëπ§◊Õ P(0) = (1, 0) \ sin 0 = 0 ·≈– cos 0 = 1

P(
  

p
2 ) = (0, 1) \ sin 

  

p
2 = 1 ·≈– cos 

  

p
2 = 0

P(p) = (-1, 0) \ sin p = 0 ·≈– cos  p = -1

P(
  

3
2
p ) = (0, -1) \ sin 

  

3
2
p = -1 ·≈– cos 

  

3
2
p = 0

P(2p) = (1, 0) \ sin 2p = 0 ·≈– cos 2p = 1

P(
  

p
4 ) = (

  

1
2 , 

  

1
2 ) \ sin 

  

p
4 =

  

1
2 ·≈– cos 

  

p
4 =

  

1
2

P(
  

p
3 ) = (

  

1
2, 

  

3
2 ) \ sin 

  

p
3 =

  

3
2 ·≈– cos 

  

p
3 =

  

1
2

P(
  

p
6 ) = (

  

3
2 , 

  

1
2) \ sin 

  

p
6 =

  

1
2 ·≈– cos 

  

p
6 =

  

3
2

· ∫ ∫ Ωñ ° À— ¥ ∑’Ë  2.2
1. ®ßÀ“§à“¢Õß

1) sin 0 = ______________

2) cos 0 = ______________

3) sin 
  

p
2 = ______________

4) cos 
  

p
2 = ______________

5) sin p = ______________

6) cos p = ______________

7) sin 
  

3
2
p = ______________

8) cos 
  

3
2
p = ______________

9) sin 2p = ______________

10) cos 2p = ______________

11) sin(-
  

p
2 ) = ______________

12) cos(-
  

p
2 ) = ______________

13) sin(-p) = ______________

14) cos(-p) = ______________

15) sin(-
  

3
2
p ) = ______________

16) cos(-
  

3
2
p ) = ______________

17) sin(-2p) = ______________
18) cos(-2p) = ______________

19) sin(
  

p
4 ) = ______________

20) cos (
  

p
4 ) = ______________

21) sin(-
  

p
4 ) = ______________

22) cos(-
  

p
4 ) = ______________

23) sin(
  

p
3 ) = ______________

24) cos(
  

p
3 ) = ______________

25) sin(-
  

p
3 ) = ______________

26) cos(-
  

p
3 ) = ______________

27) sin(
  

p
6 ) = ______________

28) cos(
  

p
6 ) = ______________

29) sin(-
  

p
6 ) = ______________

30) cos(- 
  

p
6 ) = ______________
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2. ®ßÀ“§à“¢Õß

1) sin 0 + cos p - sin 
  

3
2
p = __________________________________

2) sin 
  

p
2  + cos 2p - cos 

  

3
2
p = __________________________________

3) cos 
  

3
2
p  + sin 2p - sin 

  

3
2
p = __________________________________

4) cos 
  

p
2  + sin 2p - sinp = __________________________________

5) sin2 
  

p
2  + cos2p - 2sin2 

  

3
2
p = __________________________________

6) cos2 
  

p
2  + cos2 

  

3
2
p  - cos2p = __________________________________

7) sin2 
  

3
2
p  + sin20 + sin22p = __________________________________

8) sin 
  

p
6  + cos 

  

p
3  - sin 

  

p
4 = __________________________________

9) sin
  

p
3  - cos 

  

p
6 = __________________________________

10) sin2 

  

p
4  + cos2

  

p
3   + sin2 

  

p
6 = __________________________________

11) sin2 

  

p
4  + cos2 

  

p
4 = __________________________________

12) sin2
  

p
3  + cos2

  

p
3 = __________________________________

13) sin2 

  

p
6  + cos2 

  

p
6 = __________________________________

14)   2sin 
  

p
4  cos 

  

p
6  ◊ sin

  

p
3 = __________________________________

15)   2cos 
  

p
4  sin 

  

p
6  cos

  

p
3 = __________________________________

2.3 øíß°å™—πµ√’‚°≥¡‘µ‘Õ◊ËπÊ

°”Àπ¥ P(q) = (x, y)

sin q = y cosec q =
  

1
sin  q   =   

  

1
y   ;  y π 0

cos q = x sec q =
  

1
cos  q   =  

  

1
x   ;  x π 0

tan q =
  

sin
cos

 

 

q
q  = 

  

y
x   ;  x π 0 cot q =

  

cos
sin

 

 

q
q   =  

  

x
y  ;  y π 0


